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Construction and Transformation of Logical Structures in
Ninth-graders' Inferring Types

Chia-JuiHsieh?  Shu-Jyh Tang?
! Department of Mathematics and Information Education, National Taiipei University of Education

2 Taipei Municipal Bailing High School

This study followed the Exploration-Proof Spectrum, [EP-Spectrum], by observing the development of deductive
reasoning to provide evidence of the spectrum from exploration to argumentation and then to proof production. The
aim of this study was to evaluate students’ performance at making inferences during explorative and argumentative
activities. The teaching experiment, employing the exploration approach, was conducted with a class of 35 ninth-
graders in Taiwan. We compared the different types of inferences made during exploration, argumentation, and proof.
Through a teaching experiment concerning one specific geometric property, the study discovered that the continuity
and discontinuity of a logical structure exists in each stage prior to the proof stage, and some results demonstrated

that exploration and argumentation are useful to students’ deductive reasoning,
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— e

WEAMIIELD - REHCEERE SRR RS R B SRIZ AV S (Hanna & Jahnke,
1996 ) » ZAMIEHERZ A W HERE I HBAIH T E GRS E - S AR PN E R
& (Ball, Hoyles, Jahnke, & Movshovitz-Hadar, 2002; National Council of Teachers of Mathematics
[NCTM], 2000 ) - fE5278 - BERESHALE FER R BB N A P G A EHIEEST - NCTM 7

(Principles and Standards for School Mathematics) T1EHfEHS Y » i am (F B eI s HAh S8 > 2%
BN B gE 0 [F] 58 B A S P S B A TR 22 T 4 e B R R AT R A T aR A Y JTE (NCTM,
2000) - (EHEAU A E IS HE AGRE B 22524 SRR ARV B AR » T RE N EE A T 3 R R 4=
HYTEEE ST SR A ST -

Hanna % A (2009) {E8GER 2 BLERa i REY Ry a8 I F S W (BB 240 R - (—) {EH
SRERIZ KRR B (chains of inference) » LUK (=) JEZULAVASE ~ 5804 ~ #RIEAEA] - H
- DIEE RS AR RS | SIS EEEEE Y — RV IREE AR 2 R AR S -
2 iERe T BRBUE BRI S AMEELRG M © TP UBAYRFR « 5% - BREEAE B EE SN
FAEHIPE - AaERny  ERPAFSRE SR EE R AT HAEE DI R
g4 HEB AW E RN HMEBFINFTREEE - BOIRER - 2 fEEHE FHRVEES " L P KB
AB PRI - ACELR L 1A Q. BRIy s R DI HAER R Y - 2B iR
ATV S B — i - HIL - RIEE A1 RS 8 S e I i s B LA HYE
P AMRYERT > AP PREEER S DU E RS ARSI LA4E S - A R Se gAY -

B4R B AN PR BRI ASE - WA REIHFRETNE ST
AYELEINERDRET » (H A 252 A vo i s SO R £ H il s i 55 s BIHV AR5 RATR (Stylianides
& Stylianides, 2009 ) - Epp (2003 ) 4845 | — A RS A= 5o S E INEERHBAVT S Afa BRI -
fthAE T B TR B R S IR A P B N S S8 M BT - 3 2R A — i m
A E N AR A - IR AIGE T2 & T ey — s e i m Tt fa - 22
AR IR A S AN THIA T 202 R R it 52 SIS EHRYBE AU E D B ( discrete-like steps )
PR 2 SRS IR =LAV R[#E (Hsieh, Lee, & Wang, 2009; Pedemonte, 2007 ) - Leron (1983) 5
MBS B B BB R BI4E s - I B AP PRRIERE 231 - EREEEE
WA EECE2EEEIAREE - it MCREEIHT RIVEES SR T8 RITE B

VDA 0 ER AR ER T MIE R 24 R4k 7= - Miyazaki ~ Fujita B
Jones (2015) 057 K2 nag B4k R 2 4 M T S AR (B — R AR B Y4518 - Tip2 e
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B I I T REL AR [ s HA 45 % 7T DA B 22 AF S B Rar BH 451 - 28T > Lamport (1993) AflE0 Rk
SRFETREATELL - M Ro3B40 Leron FrfdRyAYASHESEHA T/ AMEA FINEEIHEEE - AL A BEAHY
SO HHE Ry o BURT AR B AR ARG AT F TR AR AYSEER < 20[E Lamport A5 HIAVAYRTRE -
fream bR 4R M B A s B 4G 7 =X BB A HOLMH AT a8 BH YT BR B0 B > R EAE i A S M -
$H¥ RS > Pedemonte (2007 ) AIITZAEAT Toulmin FYREAL - F5R—(EREHARYE— BRI AT 2L
GIE—(EPEEEDER - M —EPEREEE 7 =E0TE © £5& (claim) ~ &k} (data) » DURAKEE
(warrant ) » 50 Ry B 5 5 A4 BL G BHAI N BRI IR N 2~ — » SRS R Ry s R eR4 S i B 2 A i T
aee BRI 45 R8I AR —2L -
Stylianides &1 Stylianides (2008 ) 58 Fs{EE2F B ERHEEN R 256 I B IHBRER » (R R B ia E
H IR ZOR A ZHRFT24AE ] - Martin ~ McCrone ~ Bower il Dindyal (2005) 57 556 HH B HE 2
BRI ] (H el s B A EL E T S P SR A Y R RE T B LABE S5 - Hsieh 5 A (2009) BH
Hi5H - BAETSER—(EREH TSR 2 R R R —E A IR
ARSI e E T LA = (AR E - ahlE (—) EZAEAEA - SED BT £ R FEn R
G () EilEm e PR EUP BRI B SRR - DUk (=) BEFYIEE © & E
SR AT A TR R RS ] 5 1 284 A B R e S A Tt (7 A i e S (0 B Y43 5
AR B Em 0chs: - 7 H 7R B s S BE LU S 1Y 77 =5 < 1¢ Hsieh S5 AVEUERE > —(ER)
B s = A HEN S E K » mE = (Emm s - B R E R rRE
52 R A BB EAEE RGN » B ERE RS RS VIR AR R — » R
STER A PR YRS RS R B2 AR Y I A i R B 2 -
Harel 1 Sowder (1998, pp. 236-237 ) Rl 55— /A& ARG A RFE AN ER A - 1205

B2 G HARER AR ~ FRERIZE AL RSN B EORAYIRDE T A gefm i ¥ e 0 R AR g £
1 3P RS R RERP RO IED > a3 25845 2 oRiRlE o [ MacPherson
(1985) #1 Mariotti (2000 ) FLZZ fdE A PRZEENMEREIABER Th 2 T HULHY - Usiskin (1980, p.
419) R THPIATEES > ek T AP T AP KE F AR o FIR AP S F LARES R
PREE LR REN CEP T )N R R e Rdee BT EP o fRIE Usiskin 1UERE
BEFME S B ORI BRLLG - M HEET —(EE N E S S A EREE - I B atlE
HEBTHI T ATREAVAS IR - (Rt SSBHERLB R ENIRR ZBA#IT - FE L MEENES
smee Y MR — R R T AGRAVEAR - 405 L > JMEHE T2 E O PR £ S R E 4

s ETT RN R R BRI B R SR A GRS - I > EERH AR LA REAE RN
St BB A S Y B L R S TP ACERE - Salmon (1973) FEMEY (HBER) — b i (5 fm e EE

Wi T I AR T amaE AR (IR (5 R AV BB HE45RE - Salmon 5t > (BETT (AP K IF &R
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HEMTETS (assertion) » (HAEFEHZA M —(EEREEUKE - ATPTREZES (justify) G
s (inference) &iEmAVEE M - S MM EURIRAE FEAEREERTERS - A2 T B2
iR AR DRESETIRR - P R Rt FIEZES I (72 (Usiskin, 1980 ) -

REEE T REARE ) R TARBRRE ) AR EGRE A RIS 1 - AR
FIEIGHHBR RIZHY T2 - LB Usiskin Frilt8r S S A a1 T3 I S g 2 AR+ AL - mIERYE
e RSNV B REIE T AN E RIS E(EEE - SRE L RMEORE A B EERS
AIRGILEE T A E MM B CEENETS - R ARSI A FORBAIZEER - Hanna %A

(2009) S EHERLHE —(EBRG - MR R E B T iwas ) Bl T 8RR ) Z RIMR R tETE
so I EEh R TR - N Ramat R AR EE AR BEE MEam AL (arguments of plausibility ) » S2%]
HyEsE B R R SEMEA —E R EREGE G I i BEEsEHH LR H B 73S it arguments
of necessity ) - SCHEHIGHER B4R B AFHHGE R o 15 WASHE K (1182 B2 AR L —(EE5
HHREN R R AE [H1 50 B2 H iRtV al i mas yaaiE - &8 RIS MRS R 2GS rEH
NET= - 2t g PR RAEEUP RS (Harel & Sowder, 1998)  RIIEAHHZETI R » 4
R ] DA RS IARVEEE RIS R (I — R A SR SR Ay i Bl - SRR ] DIE A H CHY
BrsEmsea e S - BEA N BRSNS -

IEERICRESE ~ SRAIEGH EEURRE - — (RS BRI e 15T E AT (Durand-
Guerrier, Boero, Douek, Epp, & Tanguay, 2012 ) » A& T #£% (exploration ) ~ fZH] ( conjecturing )
JEF=C##FE (informal explanation ) ~ #%5& (justification) ~ 28 (arguments) ~ f2=0z8HH (formal
proof ) Z (Hanna, 2000; Hsieh, Horng, & Shy, 2012; Kleiner, 1991; Lakatos, 1976; Pedemonte, 2007,
Polya, 1981 ) - {E i3 2 L AAYIE—{ETI: - JerFdfrd keiy | aniE = ( propositional logic)
(] H5F H7 B S i HH B2 AR A HE T % T (A S BN P FR B T I HRRRI4E TR © AW ZERi Ry SR AIHERERE
FN4E TR e R R T ERE45 S (logical structure ) - HY R EBEHATIN Ko et AR 22 A B b 2 BR RIGEHE -
WA E PR - HRE R B L 2RV EE A IO DA - A B2 A P e B s B iy
[EEnER R TSP S T RPN (inferring type ), » FIDAPE R REEA:
BEEAEIUIRIE - BtgaioR - T AR ) B T RPN AR AEEM (FETESNED - EIEH]
WEIFAR L FEHEHY - BERAERSRE - A Cf A E SR HERRE » RS e
Pedemonte (2007,p.24) ¥t " 45f% | B - FHEE Ryl i) 2 IRV EBREZRE#RE (the structure
is to be intended as the logical cognitive connection between statements ) o #2350 - B4 fEmEeE
P2 S S SR ER A Esm R E N AT DU 2 e P = - e 1@ RIS S i B2 AR 7 T A Bl
GH AT o

FEHESRIE 2T T > AHRH B aS I (& B2 6 A L R VE R G MR - simsgt (argumentation )
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ARz A R E M AU U B Ry 2% - BRIZKER - Pedemonte (2007 ) 58 R B2 EAE I TEmES
RF5E0 AV R FRAERERR 1B SE45Hs - sEL & T IN4SHS (abductive structure ) BEERAHEERE - 1fi42C
PR Y S AE TR R ERE AR - AL B 25 B2 4 T RE o P Eam T 20t 4 A B2 A R s 2
HR A A - FIQEEEEHER (reasoning by analogy ) ~ #E({L#EHH (transformational reasoning ) ~ &
BT -

HANZIGER - AIHFERT SR EEARE M EEREE - Bt - ATl B AR
B EEAFTFIRE - 2R MRS Z A e B e B R Sn &8ss o B — (s
AEEHAKEA RS » G IERE AP EE T SRR ERRIEE) - 40ith
AV EHRER E s E e T A AR ) S T R [ LSS | B RE A S
EEEH] - B AHFTEERE - fwsc BRI 2 IRy — (8 2Ry 722 BAE R BiiEmTP 0%
BV REEZAZRE - (It IR A A B SR E E M T o 24 WIS W IR (e A 1Y
ARG N BEE TN FRE IR S g R S EOR B A A7 LR
Zaoan > ARG 2 RyER R RS AL o TP ER AN AT [ R AR TS B B A AR
HEHY - 2R R NI B R AS RS A S V) ABRE T R R BRI & BRI T A 2 57, - IR > ABH5E
A EiE— PRI B A E B RSB A S L A R A5 - DU AR R F S s
ISR AS MR A R B LB - AR T R R S B e B SR8 A Py R Y A B B RE SR (L H 77 B -

=~ Wi5E HRVEERTE

AH5E F EE B PR TR AR IE A B SR SRR G - swstl 58 - HAESBUR
MG e h B R I HESR I 2R AT > (e oo i ~ PR AR - SmasIsE IR B Pt 2
N EVEAIHE R IP 2 - AUFFE AR 5 Y Hsieh %5 A (2012) FRriginy " #RR-BHIEELR
( Exploration-Proof spectrum, [EP-spectrum] ) | ( A g Ry T EP 5248 ) » W BB E A 76 0H
ARV E PG T 2 HEF B ERm S8 e - R T b e TimBlmiR A (% - ASOROGREET & =1
EEL > THERR ~ smee BUP ZEEHE - MR T R 12 = (8 P B2 A e B 2 Hesm T =R 2=
5o DURERAERR G R S B L Y B R 4t i B b sl SR FIRAE T —/INEih
A EFEHIAVERAA o SRR MTEEAEENVERE TRl N EEE - (—) BREEERET - B4
A 25 P B i m] AE R TR BER R IP 2R T 7 (=) A0ffEE BAS Bl HESm A AN B2 A f EoAth 4
am MG R R e ?

ER—IRAVE A " EEEAERE ) B HismP e, B 5B AR RE R S (ES B LA AR T P
[ B fre B S AR HE R U2 FeffI 225 Peirce (1960 ) #i1 Pedemonte (2007) HYMEIEL » A5 [#E
JEEIIEL TR T @ EEHERL (logic reasoning ) | —SaliyFE B S FEAE AT HERT ~ R/ HERE B
RHEFR & =T ERTP = MHREE Pedemonte (2007) HYESZ » 18 =R HERE ZameelE B E2E RN
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Fiop Zea v
R - HEmAEEE R ERET

AFZE FELEBEEAT Hsieh %\ (2012) Fraffeey " EP-spectrum j 571 » i ([ fHAYEEER R
FTERH B RE A Ry — 25 VEENVEY) » I ARV TEENAT R EEE) - HRiE &SRR ( conjecturing )
JE A fERE (informal explanation ) ~ #%:8=0zw=5 (justificative argument) » & FEEHES - IR
1% Hsieh S NHVERG - FrA 8248 3R E e B ss i S B B s A #0 m] 15 Ry — e R R g -
BB RGEEH © {2 Hsieh S \[EIHFAE Y - B2 B2 AAE EANSUETE 2 i — (851 A\t
RS, EF T 0 A REIMEEBINA SR - B0 08 s —(EEIE R EERY - AHFTR
TEEERAVELRL - [EREE R IRR - iwad BRI Z P s I BB S 2
FIRTER T - ZRESEAAEREIHEE FAVERAS SR - W alE RS 2R R T IR @ R AE R oK
S —(EEEREEY - SR EHAS S 4 il LUE B PR E B2 77 B I s 5

Fo BRI 0w 2R - DU EP-spectrum A B 23 [ G H T HE S U ARIAL -

— ~ EP-spectrum HYEHEBh

4% Hsieh 5 A (2012) Filt - EP-spectrum EH5—fEEEs » S (EEURE RERE_EAVEEHTS
R R — TR S M B AL RSB AE - EP-spectrum FL{GUE —(EA PR EEEER - AL EE4RHY—n
BRE > SURblEEHEL - 554 EAVSEFSERT BRE - B - R AR - s =m
58 DURGEEHHEE - Bt R M A B EE B ZIE ST R  SnE R A2
B R > HAGFERTA RIS R S EhEN Fe 28 5 | R T A HIPS B © 55— 71 » Hsieh S5 BT -
B4 (MR AR RS B B U E 2o (EIP& E Y T - MBEn v AR B GBI N A - BREEEER A
TR B & B G B 5. EP-spectrum HYE—FEESE - K3 E - AEAZEERFIAR DARVEARS - SR
SE BT S A R A5 P B B2 A T e R PR I ey o (E Ryl RS T E B R
B 5C SR EP-spectrum JEBEIFE NI ARG (LA LA AR B RV = (EIEES > 7y R EREEE) (&
PRRBRH) ~ smes a8y (SIF U slizs=anad ) - ARGEHEY (RRlfE=EEH) » K
SEAIHTE G120 EP-spectrum Ky T EP fijEE , (406 1) -

TEREE EP SRR R > AW SRR EL S 20 i EP o oy F 2R (E Rl 2252
LS AT RE IR AR = - B4 - K48 Hanna 55 A (2009) WYRIE @ Ab5etilE]
By E M MRS R @R R Rz B2 (R B A AR EE T =
7 n DUE A EA S AR —E BRI - EEIEE L > FRMAERA Pedemonte

(2007) HYERIE - M emne SENHERID S THE S G - BRANHERE BRI & =P =
FHETHY - SEEH E I B AP AR FE e AR BB B R IR R T G5 -t 2 EP-spectrum HrFrER
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ZERRTER RS R - L s TRy U B S s, - IMERRER > AbT5ERl
PEAZ B A B RE(E ) ~ SRR H ECUR e kI IRE ARy ER 2 Hdh IR (informal )
B8 TAVEECHERE - EYCHEEE - EEHEE - A4S HERL (everyday reasoning) FEJPE (form) - 4
BIERIARYE - HREER E > Joa(Hy (formal) —salE0 & 1 (A EERRE S BP9k - INILRIEER
A A s e AR I PR VAR ~ B s AR - S A AP A b S ] RS Fr = Lk -
PRIE o [E 1 BUR T EP REREEIMHEERY SR A o RO A -

R A

ke

BARGIH 7 MR AE

W BT N L WA EWE
—— P e A
n 24 s
PR ?fﬁ mf ER e | s 2
S MR BT
i
T )
2 e

1 EP RS

1 Eortl > ERRSGEm B EEN T - $es e By Hem i U B 2 He R E
6 B2 5 U2 Ry (M e M A TH NS R (R R SIRE A 3% H Ae Ordsr 41 58 1 logical continuity )
Pedemonte (2007 ) #tad B » ISR AERYEREE RAT A ERIPITHEZE - (58 " Hry—fL
s I T URME RdSamiviE Or > AR St GBS e R R A5 (BIERanaits ) Bl 188 A G
U Ee Ay R AERE (RIEEEERE) W~ B i EErt: - AEHY - RSBANRREANHL
FHEHE ~ LA B AR Rdiam eI Or AR [EI AR bR ZE By S L fem T U ARG B (&
EfEmaa R ) BB AE R B o It —2K - FEE RS L BETEA
AEBEPEZEHACE B EE 2 MAESHE > [ iR E B IR R Em s hBIRE 502
(HEEHH AT R E R R4S © B LR R M eSO BIR R A B RIEGR - MslERIT
EEMER > MRS EERAI AR A B PrHE -

ZBRE - B SR, P

Piaget B Garcia (1991) 3% Rs#fEim (inferences) FIREHGE A R ERIE R ME &S
YhZ B - HBL 0 B A PTRREE PR E BN 2 B A A B A TR RRUHIES - I E 2
TEaEem—L TEE HAEE ) WG - Rt KSR e - KEEN



HER - BEEER BEHERAZ K ZIBEEITIRIRR 9

H o EEE AR G BN E R MR T A S (HamsS il se b R A - AERgAH
BIZEMEEIA © 18 2 R (1 T ames i 2 AV HEGR TP 20N BEHERRER AN HEBE S R HE R - h )&
Pedemonte (2007) i ER4N4EFE AN AETEAN AT et S s BIRL o NI AIH ST [F 2 A A amad
FE8 (o FH O HE R B0 BB ~ R R R = A 1 SR R v] DAY B RS IR -
PR AR BB AN SR Ry R T AN > DU STHEE R sR B AR
"RHERE (Abductive reasoning - BANHAAEREERE T EAE ), SRR ERVEIBAE R [E
R - (TR - RIEREGE T EMRLEE b RS B 5 T i 50 fr&i# | 1A% (Josephson
& Josephson, 1994 )- Peirce( 1960 ) Flll 5 Ay PR 3 — el 1550 75 Wi {18 7=k - — 78257 I guessing )
HyZERE e - DA —TE R EGEHERE (reverse deduction) - Pedemonte (2007) AIfER & EHYER
DR AIRAE E S o R — (e — L E Ry fichE » 2RIl T S EE A S T JEA
(S L H DA S S AR BRI Ry iR B - Magnani (2001) H A2 PRI
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An Investigation of a Junior High School Teacher’s
Professional Growth towards Developing Mathematics
Conjecturing-Inquiry Teaching
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! Mathematics Teaching and Research Center Graduate Institute of Science Education,
National Chunghua University of Education
2 Graduate Institute of Science Education, National Chunghua University of Education

3 Chin-Shuei Junior High School

This longitudinal study for over one academic year is aimed to investigate a junior high school mathematics teacher’s
professional growth towards developing conjecturing-inquiry teaching by means of the narrative inquiry approach.
The progress of the case teacher’s professional growth is narrated by narrative structure which is framed from the
narrative analysis according to videotaping of teaching practice, in-depth interviews, and teacher’s reflections.
Research results reveal that the case teacher is gradually aware that his role recognition and teaching practice are
influenced by his initial beliefs within the progress of professional growth through developing conjecturing-inquiry
teaching. By means of constant negotiation and discussion with peers in the research group, as well as his own
reflective practice in the classroom teaching, the case teacher adjusts his focus on students’ understanding, adopting
systematic problem-posing strategy as the core task of mathematical conjecturing to help students develop
mathematical conjecturing thinking, and building up a multi-functional teaching procedures for promoting teaching
efficiency. Finally, as re-discovering his core teaching values and beliefs, the case teacher comprehends that the
student is the centre of learning, and perceives that the teacher’s role is the problem poser and the constructor of the
learning environment. The objectives of conjecturing-inquiry teaching should be to foster students actively getting
involved in inquiring mathematical problems, and conducting mathematical thinking through specialising,
systematising, generalising, and refuting while solving problems.

Keywords: professional growth, narrative, mathematical inquiry, conjecturing
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TSRS B0 [ERENAE T - ZEEE I R4 SRS S LGS IR e
AR FE R T SRR A B A RTINSt BB Ry %
Gy F TAR ) AVBERSRES o M EBEE R BEME S S L SE TR RS - A2
% - R EGTENTE U S EREE RS (Lin& Tsao, 1999 ) - HE - (s B8 R
EEpE e g g T R EE Y 588 (National Council of Teachers of Mathematics [NCTM],
2000; National Research Council [NRC], 2001 ) » [fiZiEfi{E G FH 2 (9805 5 EEFZ I
RE S AENE ) BIAUE TR ( 5 E SR g AR ) A IS AIRY5R ST (Franco, Sztajn,
& Ortigdo, 2007; Gravemeijer, 1997 ) B » ZEESEERIFEN B4R (Little, 2006 ) - [H4h - #H
RATAST S B PRIT R DU T B AR B B B2 B iR (Harlen, 2014 ) » i RECHIEBR T B2 1842 iy
SE{ER R K ER Y Ayt ( Cafiadas, Deulofeu, Figuerias, Reid, & Yevdokimov, 2007 ) » [ B2 4 {7 fif S5
2 P RAE — A b R AR B AR AR [ [ Ay R AR TP R AT ~ BesSim e W Rt Mrvi R T
BHE o NSRBI IR 25 (NCTM, 2000 ) - BB DR RS B IR - ZUNEEAS1E
HG B R AR EE TR A AT - R R Bh 2= 22 E 590 (Franke, Carpenter, Levi, &
Fennema, 2001 ) - 5 fEBh 25 B0 HLAE2AZ OB E R R A (Little, 1993 ) & i - B BE2 2 El
RN EREN R 2 I E R L EY) - (HIRBERALIRIVEZ - BE0% L @2 8mE
Wit A E B F DTN 22 | BE] DRI TIRY) - SEIARe EBETE TR L
s E2ERVE (Lavonen, Jauhiainen, Koponen, & Kurki-Suonio, 2004 ) » i H ZETifE B D 5T By
FREERERIER - /DRI E NS BER =8 BT (Briscoe, 1991) - #EFT IR R ZHENLL
S ARE - AR AR - (T BUR B B B TR AT A TS » EERIR S BT RE /S E)
I - ZEMAEEE AR B D2 E 38 - WASBENE e BT BB E AL - 7 RE A S
PETBEEBEEER (PR3 - 2011) - fB51 - EISMATT IS IR A SR+ 2 B EmEEE Y
AT (Sarason, 1990) 5 3 H¥ZENIN S @ A NIVE B RS E R EAVER = - 75
H B CEEEE N EEE B iRy S B TEER E 5 rs® (Putnam & Borko, 2000) » (il
OB B REN BB T 2 A & RS S BB A SIS EE R - N BB E B T
E2H (teaching as learning, in practice ) (Lave, 1996 ) » [RILEAH(E#E H Rl AT H 5 2 0E B
AECERC R R B - (EZEMTERERS ~ 5fan - RS ERESEE PR EHREEHES (F
TR ~ PREEZR ~ BREETT » 2012) » METTAERSCER (e 22 B2 Y BEE © A0t - Bhpe i —(E
ARRHVEENEE R - PRI G EBBAENE TR 2 25 - Hers s
FEIRIFEEEE TR - (R BB S R RMERFE EER IS - INIE A ek & —E2RUAL (school-
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based )~ ZENE B RatE » B — (A U B E B PR A AU R R B i -

DLH & EmEh Ry bl > EE e EE (community of practice ) ( Lave & Wenger, 1991; Wenger,
2015) ML EEZBETETEERE - [T AR E— (AT B R BB BB (B E
Z Mt BT ERAL » BRETE R BT 2 R AR R BB R A B B E R a2
BEEGHED - SRR LA TR TE RN -

B~ SURERES

— ~ BEEERHE
PRt HERRIERE - B BAIRIR B Y B AR RV - WS Em PR E A
44t (Branch & Oberg, 2004 ) - (AT} » BEERFTAE R REER Ryl 22 bR RSB - 5
Hi—fie{E( generalization iR $E&RAERERY 71 P (7 I DARE S ORI A B A FEAG( Kent, 1997 )-
AN » BERER TR EENZ O ST IR T ER e B SR T BGER BUA TR (Meyer, 2010 ) » {HIiEEEEGER
BUBTRV RS B RS - SRss 7752 B ax — #4E (hypothetic-deductive ) Y & LAETE
(Lakatos, 1976 )  fifi 5 = » BU2ERIT P sa A s 2 2 & 5 & 1ny © %2 , (doing
mathematics ) - . {E AR T i RRIAE AR ~ FR S RENG RS SUBUI DUE T Bt AT
EEAEE A (Mason, Burton, & Stacey, 2010; NCTM, 1991, 2000 ) - #Xjfj » " 24 RerZy sk B+
BIEEE  TRIFE T E MRt » RREEE AR TAERE MRS ) (Richards, 1991, p. 38) » (AL
PRITHERINE R 5 i 2 — BB BB A R 4 B B TR 2 A T 20455 - 7 Bl A TR It fop e o 0
RS A - 1D » BREEEERE (M EA ST E s HELIEEAIRE S (Aulls & Shore, 2008 ) -
U1 Jaworski (1994 ) 50 BB PRIE SR B INEER 2 M L & MRS » (R4 fe g imem i P PR R
SRR R RS RIG, > 1 Franke ~ Kazemi 2 Battey (2007 ) & LIESHGHURIACE (FEUSR4EE
MR HEERAEE 5 NS —(HE2 RS - ZENEN g4 M - BOIwEAE T8
STERAIBIE A RE > I B AESRREEAVIE - 43 BATI - ZATIERPRIT B S8 T 178
ER AR HL P e Y RS R AR && - AN[E SR S A i 7R B B2 R ( American Association for the
Advancement of Science, 1993 ) » #EMPRER H A& AT al & HVRER A S RTas: - BIE L T EEIR
DE R EE M ME R BRI - AR RN BB IE BRI R R A Ry
1F ; (Masonetal., 2010, p. 141) - HEFEAE FIRESRTE th ks ke SR EEURE - P LR RSy T
AFka e PUSEUR TR rT s BIEE B iEU% - RIS BRI 4ERYAE (Lakatos, 1976) - [E4h - T
IR M R R i M e A R RE NI ARG - WA AR RS B Ay s Bk i DAt - 8B 2GR
(ESEESE SINIVE- S o4 v d i UG W= & et S e 7 S ol A a i L i
AR Ry — At o ER—fAb ~ R L B EL I op [E] e A R - SIfz HL 222 Y B R RN R e
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BRSO B BAE ~ Al ~ ROBL ~ AHEHVIREIRERE (FROLR « ARtEzie - 1998) - [Nt » A
W BRSNS A B R E RN - 5 [ER AR R R A e - — %
b~ FEEEERES - WEEE » SIS AR - R B ER A A i e AU R A
BRI

- BENEFRKR
BENEEN RN ER R BN EZE R Y — T B F] DIER A B AAE ~ 3E AR -~ $13
B AT SR H A A AT HIISE ~ (BRI B BT E - BB REA TR T AT B RIS LLSAT £ 45
BUE RSB EAMTA SR — ED THEERE - SRR A B S UE RN A
(Amerlcan Federation of Teachers, 2002, p. 2) - ZfiliEs 3¢ 45 [ B S 20 Elifr S Bl e 1 BE S 2 5 H))
Afe I TEEE B & (Clarke & Hollingsworth, 2002) 5 fb41 - AT SR pR SR8 F =
i freiE %&Efﬁfﬁf BUARIRAVEEE L P THYIEES (Little, 2006 ) - ZHl nIREAE R EHY A BELE
B R AR R BORE - CUEBEE B EOITNEEA ~ & RIFREE R AR (Cohen,
McLaughlin, & Talbert, 1993 ) - [tE4} - 7%@%1&@@3&5&%@% » BT ERE 28 R B2 R0, ~ [
REEER AT, ~ BN SRR EHYE A MEm i ~ REE B A S e B S I 2 SRR A B B
07~ B TR ROE AR ) (TR - PR -~ BEPE R it iEER = Gm il ) (NCTM, 1991) - EE |-
it (discourse ) K B B +EE (community of practice ) fE-21 FliEX 2E £ 1Y B BLELRE ( Cochran-Smith
& Lytle, 1999) » [R5 HAEZENG H C R AR » FEH (e R R 528 R U E DU 2L
EYEGIE - WL BEMBEEECE Ref5LISEE (Stigler & Hiebert, 1997 ) = Arbaugh (2003) #&
BBV RERS TSRS - E%ﬂj”‘%?%ﬁ%ﬁ(ﬁﬁk%%%ﬁ?%%@ ORI HIRAY S - EELAE
BE SRR R ~ AT I B S B S AE ~ SRIE DR DU 35 S SE Rk (sense of professionalism ) ©
Guskey (2002) & %?&Eﬂ?ﬂ&ﬁ EE‘QE%ZQE‘?%L&EP RO B2 AR B R MRS
RERIL R B E T EREE - (It - BTSRRI R RN 2 S e R PR T B iR
,J DS REFE R - LA BEMAYTTENA SR (57 FT 157 ( Biesta, Priestley, & Robinson, 2015 )
R ZEERE R EU‘@E’\J;?EE%UE AR B E STTEIE ST R - (528 HAE (Franke etal,
2007) - HNEEHITE T EIP . - MAERE IR e SRR EE & AT
Lh%ﬁ%ﬂ%%%ﬂﬁﬁﬁ%&%{ & (Kaasila, 2007) » 3f: H ZETAGRPe 7% & B 2 a0 {] 223
BRI 4HRY - PUSCBEMEZERIERAY 240 ( Clandinin & Connelly, 1996 ) - Rt » AiA5EERH
R PRI Fo4H 4 S PR B 2 A8 Bpry 207725 » DR ER AR B R BT E R Y
SEfEZHE (Crockett, 2002 ) » DR FEEEE T TEY (teaching as learning in practice ) (Lave &
Wenger, 1991 ))AY£E % - /M NRC( 2001 )7 DL B ER 2 22 2235 ( proficient teaching of mathematics )
TE R EME e R E G HE - Ih BB A EE R AT &Rkim e © (1) s (fluency ) @ RylinBh
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SR S R R AT T AR e (instructional routine ) 5 (2) SRESZEH] ( strategic
competence ) : $3FERA: B2 A ARG M A RIS T B2 HETT 5 (3) BWEERE BT 20
41138 (core knowledge ) FE2: % ( conceptual understanding ) » B[IZ5ET A SR ZEE R BE (know-
how ) HYEHf# « AEFRELER] © (4) MMM (adaptive reasoning ) @ SRR ER R R 527
FT#EfTHYR S BB ES ¢ (5) k& A (productive disposition ) © $PE2A4: [ sk e pE e A2 IR I
BHRREfE S (sense of efficacy ) = FHA AN 228 HH T [FI5C @R T - ERIEERHE S HELARL
STPRFTIRET BN G 2 ~ I MRS RAZ ORI IR - RS LR R DUBARER S o0 A {18 2R AT B AR 5T
BEEG 2 B P RIS WA IH ) 35 fe 2 P Em A . -

&~ PRITA

— ~ WA TA

RIFFCERAGER T2 (Clandinin & Connelly, 2000; Connelly & Clandinin, 1990; Polkinghorne,
1005 ) 1 s SEBERIZE 732 - AR B2 —TER BB PR ACBRAT 57 » #EEHACRILTRTLL
R HE EEPH 485 - Z5(E3741 (Connelly & Clandinin, 1990 ) » £ A E LR Ze B L fE s i
AT BRAHTE R (F R B AR BT SRR R AIEDE (Witherell & Noddings, 1991) - ARF5TiEiE
(B ZE 2T B RSB P VAR B ~ F 8 Reamit - BT SR RSB P A ] 2 Ak
&~ B8 SRR BN B PR AR AR A - FE BRI YRS B2 1A st
GEAHRASEE - DAASREMEECEREMERY T - BB AR BT SRR RSB - AT A SRS (Y BRI =X
R4 (Labov, 1972; Polkinghorne, 1995 ) - {f it E 23 T B2 s EAREGIS » [l HESTHE 2
LETHUIEE - RSBSOS - [WYMNRETEET BRI T 8 » [m1& B m APk BEmas s By
A% I EEEE ( Clandinin & Connelly, 2000) » ELZ0ZE A T fifis BT BRpin & T4falisn | & T Bl
#37 ; (Rushton, 2004 ) -

= HiRS2EE
(—) fEsEHE T1
(B KBRS P IEEE BR 2 E +— R I LE BRI R R EE

2RI TREE - BRI - MERE TR > TRy B ROCE B S

(Z) HETEERRLERE
FopBHEZEEAN T TR R ITBER R AW SRR AN T2 ~ T3 KA &R
BER - AT EEEE R - T2 AT =FAEEE - EREIREE - BEERNAER
W& > T3 RRIREETE HATAE R S PR E 2 BRERNE S - (A G R AT EREET]
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ABRZEAERH R R B S © Wi AT R Rt T1 BB E B SoRE - W58 MR ETE RS S
BHFANSHITEERR - #EHER =1 - WSS iian) T1 T3 -

= EREEETE

(—) BEMEEREETER R R Z RS

By B A A B B D B MEEREHY H A > Jaworski ( 1992) #2 H DU S 82 s R am 4H Ak (42
IRV IR ~ BER A R B B B E WY AE R RS ) BRI B = S
IR A - (1) BEEE  (management of learning ) - BEUENEEIREAVEE - UERE
HESGREAR - EENETHEREAEFELAR  @EMIZE © (2) HRELENEHRE
(sensitivity to students ) » BEFAEEAEFHV AL » (3) BEEHKER (mathematical challenge) » f1&
BRI ER A S BT - BN A E B2 BEERTE S o Ryt Bh I R B T B B R T B R R
R BERER L2 =7t4H (Jaworski, 1992, p.8) » RIEZEE T « BB A SRR R ZE ~
PR A PRE VBB A VB 2% » BB E R = TP A BRE 8B (55
2HE[E 1) -

s
{8

s 7] 33
E =

/N

ﬁgﬁﬁi R

1 R =5r4H - FlEE 5 “Mathematics teaching: What is it?”” by B. Jaworski, 1992, For the Learning
of Mathematics, 12(1), p. 8.

N R EFE (teaching as a learning process ) (Jaworski, 2006; Lave, 1996 ) Eiitf
FPEEE (social practice) (Lave & Wenger, 1991) - (RIHLHE & Kb 75 BAZATAE 125 18 L RFER
%% (community of inquiry ) 5 fE {77 B2 AR BRAZAVZEE (Jaworski, 2015) - tHEFHEAVRL #5201

(‘engagement ) ~ £13% /7 (imagination ) EA%55A (alignment ) &= 4= 57 & Fl a2 5] & ( Wenger, 2015 ) »
PR EN AR h 2 B BLEE - AR E T B TR AS e A AR YA
& G HARF B C BB AT AR B E EAE T - R RAEEET - bF7E R B0 A
SERCRATRET > T ERST ) HyURRR I (critical alignment) By » [N AIRFTE IR BERRFI
AR A BT E - I BRFTEE S L EA=(EEE (Jaworski, 2006) : (1) BB HyEe
¢ (inquiry in mathematics) : ZHNCBEER = TPiE PR IeaG T HE BUE R (e 2 R R8s

(2) BERER P AYERSE (inquiry inteaching mathematics ) © ZiEili#E FHERITE R R & T R EH
MR SO EBNHEET ST » a8 (B HE ) DIBRFEIE R T AMBh AL © (3) 82
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BERSERIATTRVERTE BN RS BT R S R B IR T (E I ERTTAV AR - + LRy
RETEFEGESEEN I T EHEEEEHN F R PR E N H BRI E - i
B {EEPRFE (collaborative inquiry ) BEEHTPRTTREE RS2 R MEMT TRV AR -

FylinBIE E A TR R R B E R R - B E G R M2 EHE =4 (Jaworski,
1992) RIE2EEH ~ HWNEAEENELE - AP EER TR PRI EER R4 0
BIERATAE SR 2 PP R AR BRTT B LR 5 2408 RIS B R 7e R R (critical alignment) Y
e RS S EIERYERE I AT BB L [E PR 7 8 R S B B A L B A = T35
BHFCE - (R ECERRAVEER AR b > FefM5 | T B E R EE (Schon, 1983) LK & HIH
(Mason, 1998) - |z BB FH G L B B M BR R B A A el A E 2B TR A PR RS Hh S S8 DA R B 22
REEBRA, - BRI BB TR TR B BE P S B OB T By 0 WAEERSE
BEE U RV G ARE UETT B GRS TR B R AT e R R R 2R T Y
HENER > MR BETERETE) « [FE DR B R DR S B E B R -

W 7E ERIE R =TT KR Ze RS SR ML e e T A B E AL B Y = — T 288 (0
[ 2) > BEMEHEERHATESE SRR (R MIETEREE% - T3) ~ BEERAH
ELHbEE (T1-T2) - BOERERIuEdtt it (TL B (8P ) LEIHM - A2 T ZE TR
BERRAT R AL E R REN R B AR5 - WEh T1 EBr AR SR - MBS
SRR AR B R R AR FE AR ISR O T 2R E B S - T2 - T3 FRIEAE TLER
FEEELE S LA RE BN - ERRECERAIE - RS SR R AR B S AR o H
R EE R B e EAOR PR B e - IR B E4gEs L E — T BRSNS
iAo (HEEER B AR R R B~ 05~ R SRS B B AR ORI R BT e
AR B, - B BT ERES DL & R ETR R R ([ R AT B R 2 S RES -
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AW FER SRR RAT R = — 2RI - EHLL T1 fERE PR AR E R T
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BET o AIEAEERAEAE -
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A FEEeEt R — SR BEE R RIEEE T E - TREII R 2 T1 iR = > 2L T1
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gy SrHnR e
s 2h

(B ZE A T1 SEAA TR R E m AHRE K R B 154K - (BB IR PR e Al - NI Ryfie
H#E T1 TR AR M ARE Z 5 - ISt EEs T2 205 T1 (IS - TSRS HE R
BN o SHAWISTETE TN - EEBE MR (LR - AT SR T3 DL T EH5, B0
i TUEREN PR SRR TRR ST ERE RS St TL SREA TR RS -
2HRFTBEBRLE

T1 BT FE AR E N AR T E i - W EBIORE B (FRE T1 5w E RAVEE
T > AATENAE TR AET B R - (F R T1 BERSCES™ - SRS E s i 1 L
R L

#z1
TIRBEFER R EENEEHER
SRk H ® BE2EE) Gk H ®# B2 EE)

1 2013.06.06  HiF1 9 2014.02.19  f#ES
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I ~ BRARR
(—) R=EBIE
AR EBE AR T1 8RR SREBRET 2R - s R AN [

ArEEERTT ~ BidEsRAL - 24N ENERE -

(2) Wik
DI R 4 AR S RIS SR PR
ATEERRITT A » IS ITSE— (/NS -

(=) IEzUEK
RSB TR~ B/ > BESERER{(IR Clandinin £2 Connelly (2000) [ |
Y T =GR ZER 0 DR 15 - S D E ARG IRTT R = (EE [ AN BET T E)
FHEE AR - e TV AEREE R [ (RPN ESN - mIRARIEAT © (1) AANPREHEE ~ 26
0~ FERE - B~ BERTTA C (2) ST B AR B R R [ (iR
FIRFETHIEE © (3) [ARELEIF] © $FETAETHBE « IRAEBRAH IR - B ElPRET et
SETEHEURL - BRI B AR & KRR TR

() ZEmR &

FEN B ERANEE — » — RBETN B E TR HERE S - EBHERE - IED R
FEM - ERUsea BERAEN R E E et VU ERRERE - (1) SRGEMEES
PIUEBINVEERE (SHIER ) AT ? BLEARAREFH B N B A AERAM: ? 24 fE R4
RS HRIE: 2 3 (2) EA)s [EER AR A TS RV ER ST EE) 2 A S B (TR S 2 5L 201
il 0 (3) SEHLE RAVEELEEIEE  RERIFMAFSEZRE 7 (50 BITEEER RS
PR R TR AT ) - (4) OIFERS -

() HFRERE

UiFie=t S S SRR SE T SRt Sa s i FESLESGiEsE TR R = St R
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LRI DAALER S04 (narrative analysis ) (Polkinghorne, 1995) #E77 » BEEI(E ZH AN ELERL
RSB FICTEREFHE ARG - PN SESRAEERAER - R ERHREGR4ER (Laboy,
1972) WYZN(ESHBINLASEEE - 435l © % (abstract) (AREEFRGEIAYAZ) ~ KR (orientation )

CHRRIE] ~ 78k ~ 8~ 22815 )~ #5778 ( complicating action )( S )~ BF{E(evaluation )

(TTEIAVEE BRI E 2 - BERE YRR ) gt 7 =X resolution )( {25524 T (185 )~ 455 ( coda )

(EIFEPAERAEES )  BRERETHE - tHIT B B CEENHVECE R R B R =R - WA EsE
FISHEM ARV E M (Riessman, 1993 ) - fxf% » WIS BRI RER 2 MTv&E FIP R RGR 45
AEELUBARI T A4 - DARGER 77 NE B E Z R AT R R -

(Z) REEEST
R BNRERERFE 2 ST T » AR ST ZE B e S ) Y52 7 (instructional routine )
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T1 AR GRS B R L S AR A Eﬁ?ﬂ’]ﬁﬂﬁfﬁzj: BRI H RiFA gt
R AN DB T EREEEE - E R AL

s AT (T &M AR T S
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LR E R LRI
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RIS 4
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(B 22N TL BEAFF AR B G (AEEIERE TR GRS > TEETIH TR
BE—EZT78% ) BERE ORI

FERES LRSS -

REZ23=2E

AR BRENKEL AL LA - RVE O FLIKES P I S REA B
TET B REBORE A i e A L A | ol VR AR [TR-
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HIFY T2 —HLUARE R EE UG PR AR TR R > RIS T2 2 TL 3=
HEITEEE > AR AT A B B RS - %BJJ T1EFIHCHE LRV ES » R AR,

HENN S - A E RN E R SR 855 (Cochran-Smith & Lytle, 1999) -
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E AN TR IAREIE T ERES SO R S I
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FARNAFE L ERY AP EFRAZ AL 5 R AN EE A BEF B AR
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() FETRES AR A BB « Trlsk th SA RS

T1 WWIHGES » FAEE S A BB PRt £ (R Tl S EBRESEA RS
TEMEIRVERTE £ T IREI =k - R e R TRl ) BYRIFE & @ T1 BRIt 1
RV AH E R & DU Ry 7 =02tk - MEDEBN TGS - T1 A2 AF RS R P HH
TR A2 0 40 25 - 25=[(2+1) - 2] - 100+25 %%Eﬁ%ﬁﬁm( 5)? FYRE AR £ (10X +5)2 »
{2 T1 {FEEMEESH45 (hypothetical learning trajectories, HLT ) ( Simon, 1995 ) AYZ2HE /D T4z
{6 (place value ) MERAVSHIR - ZFHAHS 7 AVER A REHERR H (x-5)%= x 2-10 X +25 H(x +5)°= x *+10
X +25 » R GALAV TSR G381 EBIRY AR I R - G R A B e R MRV B S B R
FIEBRERGR - RNITEREUES) T i1 2, COERIBE 7 U T JEEIE ST R R R S A
B o i T A& BT SRS R TR R R ERAVIA I R R R T
B ERAT I A T ORI MM R A AL B -

if;fgqf lol ~ 3249 > 4ok in 7 £ g3 ifu/‘ox J— BARP > - &G A RB RSP I|TRE
4ok L] AR B P S 3 e 250 A KT [CO-20140108] -
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I
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T3 (NIm) 24aH ¢ % 7 AegABekin- BRRRC o 333> T4k TR A ¥ B> Jod 4hps f 315 3
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Al * 55 (Pennils) > Aippe itk b 3o o S d LA 3 A AR E iz £igtha 1T A A -
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3 HEEPLRIRE - 5]H Thinking mathematically (2nd ed.) (p. 52), by J. Mason, L. Burton, & K.,
Stacey, 2010, Harlow, UK: Pearson Education Limited.
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Introduction

Information and communication technology (ICT) has gradually been incorporated into general
teaching (g-teaching), resulting in “e-teaching” (Gonzalez, 2012). The relationships between e- and g-
teaching, however, remain vague. Both e- and g-teaching may include pedagogies or practices for
traditional, lifelong, and connected learning (Blignaut, Hinostroza, Els, & Brun, 2010). Pedagogical
knowledge can fully comprise technological pedagogical knowledge or technological pedagogical
content knowledge (Chai, Koh, & Tsai, 2013). The term “blended teaching” (Gonzalez, 2012) explicitly
indicates the diverse practices of integrating e- and g-teaching in real educational settings.

Researchers have identified different approaches to integrating e- and g-teaching (termed “e/g-
teaching” in this study). Innovative e/g-teaching cases (e.g., Tan & Tan, 2015) and survey studies (e.g.,
Sang, Valcke, van Braak, & Tondeur, 2010) have integrated e- and g-teaching on the basis of ideas or
theories. Qualitative studies have categorized methods of using ICT in teaching (Gonzélez, 2012). These
studies have tended to define or group e/g-teaching in a predetermined categorical manner. The aim of
the current study was to identify e/g-teaching profiles on the basis of student perceptions of real
mathematics teaching by using latent profile analysis (LPA) (Fraley & Raftery, 2007). LPA is a person-
centered clustering method that aims to maximize the most likely profiles of distinct meanings on the
basis of empirical data. LPA can exceed the linear relationship between e/g-teaching and learning
outcomes to identify nonlinear profiles likely to address differences in learning outcomes. Examples of
nonlinear relationships between e- and g-teaching include teachers using both e- and g-teaching
intensively (e.g., the constructivist approach; Park et al., 2015), using e- and g-teaching moderately (e.g.,
the balance approach; Tan & Tan, 2015), and using e-teaching for g-teaching (e.g., the traditional
approach; Lan, Chang, & Chen, 2012).

After the patterns of mathematics teachers’ e/g-teaching are identified, assessing how the patterns
relate to students’ cognitive and affective learning outcomes is essential. Mathematics teaching and
national curricula both relate to and emphasize learning outcomes in both cognitive and affective aspects
(Chiu, 2009; Chiu & Whitebread, 2011). Competent mathematics learners require both cognitive and
affective dispositions, such as domain knowledge, meta-knowledge, heuristics methods, self-regulatory
skills, and beliefs about self and mathematical learning (De Corte, 2004). The current study also devoted
partial attention to ICT availability and socioeconomic status (SES), which may condition e/g-teaching

profiles (Cuckle & Clarke, 2002). In summary, the purpose of this study included identifying profiles or
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patterns of mathematics teachers’ e/g-teaching and assessing how the identified profiles interact with

students’ cognitive and affective learning outcomes, conditioned by students’ ICT availability and SES.

Approaches to Integrating E- and G-Teaching

E/g-teaching profiles can be implied by past studies on approaches to integrating e- and g-teaching.
Traditional and constructivist approaches are two extremes, and balance and theoretical approaches are
mixed types of e/g-teaching, as shown in the following paragraphs.

The traditional, activating, or teacher-centred approach. This approach entails using ICT to
present concepts, explain ideas, and lead discussion (Lan et al., 2012). Most teachers appear to focus on
this traditional method of e-teaching (Blignaut et al., 2010; Louw, Brown, Muller, & Soudien, 2009;
Smeets, 2005).

The constructivist, facilitating, or student-centred approach. This approach entails using ICT
as a platform to transform teacher roles from dominant to parallel status (Park et al., 2015). Examples
of this approach include collaborative creative writing (Vass, 2007) and use of Web 2.0 tools (Chai,
Koh, Ho, & Tsai, 2012).

The balance approach. This approach entails using ICT as a tool to compensate for conventional
g-teaching methods for distinct blocks of teaching sessions (Tan & Tan, 2015). For example, g-teaching
(paper-and-pencil or concept development) is followed by e-teaching (ICT use for generalization or
application).

The theoretical or pedagogical approach. E- and g-teaching can be fully integrated by existing
higher-order conceptions of g-teaching. Examples of g-teaching conceptions include reflection (Leijen,
Admiraal, Wildschut, & Robert-Jan Simons, 2008), learning theories, teacher knowledge (Benson &
Brack, 2009), and learning models (e.g., cognition, action, and reflection) (Lan et al., 2012). This
approach fully integrates e- and g-teaching, through which e-teaching has actually transformed existing
g-teaching conceptions into innovative ones. (Nachmias, Mioduser, & Forkosh-Baruch, 2010; Temte,

Enochsson, Buskqvist, & Karstein, 2015).

Relations between E/G-Teaching Profiles and Learning Outcomes

Student learning outcomes can be effectively promoted by both e- and g-teaching, such as
collaborative learning in both face-to-face and online settings (Solimeno, Mebane, Tomai, &
Francescato, 2008). Teachers tend to perceive ICT use as potentially benefiting student learning

outcomes in the aspects or constructs of cognition (e.g., mathematics knowledge) and affect (e.g.,
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motivation and collaborative skills) (Blignaut et al., 2010). If both e- and g-teaching can benefit students,
the next question may be what e/g-teaching profiles are more effective than others in benefiting
cognition and affect.

Cognition. Mathematical cognition for learners can be defined as applying mathematical
knowledge and reasoning to study patterns and relationships (Burton, 1994). Mathematics education
researchers have identified the cognitive activities involved in mathematical problem-solving. For
example, mathematical problem-solving may include the procedures of understanding, planning,
implementing, and reviewing (Polya, 1945, 1962) and addressing problems, thus reflecting on the
experience, studying the process of resolving problems, and noticing the interaction between the
experience and what is learned (Mason, Burton, & Stacey, 1996).

Successful mathematics cognitive activities can be measured as mathematics performance or
achievements. Research has indicated that student achievements positively relate to teacher-centered g-
teaching, such as reasoning orientation (Thorvaldsen, Vavik, & Salomon, 2012), direct instruction, and
frequent test use to assess student learning, and negatively relate to rule orientation (Hinostroza, Labbé,
Brun, & Matamala, 2011). The effects of e-teaching on achievement are perceived by teachers of low
mathematics-ability classes but less often by those of high-ability ones (Thorvaldsen et al., 2012), who
may nevertheless frequently employ e-teaching (Hinostroza et al., 2011). Positive relations between
constructivist e-teaching and students’ meaningful learning perceptions, achievements, and course
satisfaction may not be guaranteed (Wurst, Smarkola, & Gaffney, 2008) without formative feedback
(Espasa & Meneses, 2010). Therefore, formative assessment in teaching and learning processes may
play a role in the effect of e/g-teaching on learning outcomes.

Affects. Mathematics affects are an indispensable part of mathematics cognitive activities (Gémez-
Chacon, 2000; Hannula, 2002). Mathematics affects include beliefs (e.g., 1 can competently solve
problems), attitudes (e.g., | enjoy problem-solving), and emotions (e.g., mathematics is beautiful)
(McLeod, 1992, 1994). Confidence-related mathematics beliefs (including self-efficacy) typically have
high correlations with mathematics achievement (Chiu, 2012b; Grootenboer & Hemmings, 2007). E-
teaching generally benefits student affects such as self-efficacy or confidence (Tan & Tan, 2015),
interest, and engagement. Constructivist e-teaching (e.g., real-world settings, collaboration, and
individual choices) can increase student interest in science (Wilson & Boldeman, 2012) and engagement

(Rappa, Yip, & Baey, 2009). College teachers having multiple g-teaching concerns and using ICT for
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teaching tend to emphasize the roles of g-teaching in engaging students through ICT use (Webster &
Son, 2015).

Relations Between E/G-Teaching Profiles and Conditions

Naturally, e-teaching at school is conditioned by school ICT availability (Cuckle & Clarke, 2002).
Constructivist e-teaching further requires student ICT availability (Smeets, 2005). SES is potentially
another condition, which generally has a positive relation with home ICT availability, ICT use quality,
and achievement (Lee & Wu, 2012).

Research Questions

The literature review suggests that innovative and diverse e/g-teaching profiles may be identified
on the basis of real context data by using nonlinear person-based modeling analysis. The identified
profiles may address differences in learning outcomes in the explicit elements or latent constructs of
cognition and affect through profile difference analysis partially considering conditions. Therefore, the
objective of this study was to answer the following three research questions (RQs):

1. What are the profiles of mathematics e-teaching (ICT use) and g-teaching behaviors (formative
assessment, student orientation, and teacher direction) perceived by students?

2. What are the differences between the identified profiles in the explicit elements of cognition (e.qg.,
employing, formulating, and interpreting), affects (e.g., self-efficacy, interest, and engagement), and
conditions (e.g., SES, home ICT availability, and school ICT availability)?

3. How do the identified profiles, conditioned by school ICT availability, predict differences in the

latent constructs of cognition and affect?
Method

Data Source and Sample

This study used data on Taiwan from the main and ICT surveys of the Programme for International
Student Assessment (PISA) in 2012 (Organisation for Economic Co-operation and Development
[OECD], 2014b). The PISA started in 2000 and is a triennial international survey examining the
achievement of 15-year-old students, principally in the fields of mathematics, science, and reading. PISA
also collects self-report, contextual data from students, teachers, schools, parents, and national PISA
administrators. PISA 2012 is the fifth survey focusing on mathematics.

The total Taiwan sample of PISA 2012 comprised 6,046 students. The four e/g-teaching measures
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used in this study (cf. the Measures section) included approximately 33.6% missing data, which
prevented the use of LPA to identify e/g-teaching profiles (cf. the Data Analysis section). To handle the
problem of missing data, multiple imputation procedures were attempted by using the mix package in
R. However, the several imputed data sets generated unstable profile solutions, implying that different
imputed data sets generated different profile solutions. Therefore, listwise deletion was used for the four
e/g-teaching measures, which resulted in a total sample of 3,978 students in this study. Sampling weights
were not used in this study because of the considerable amount of missing data and the use of listwise
deletion. Accordingly, the findings of this study can only be explained as a phenomenon of the specific
sample and cannot be generalized to the population.

The exact sample sizes for the other measures, as derived after the aforementioned listwise deletion,
are presented in Table 1. Notably, the affective measures had small sample sizes because of missing data
(Table 1), implying that some participating students did not fully complete the related affective measures
in the survey. Medium correlations were observed between self-efficacy and mathematics cognitive
measures (r = .63, .64, and .59), and these results are consistent with previous study findings revealing
stable relationships between achievement- and confidence-related constructs (Chiu, 2012b; Grootenboer
& Hemmings, 2007). Moreover, medium correlations were observed between self-efficacy and the other
two affective measures (r = .43 and .48, respectively), implying relatively high differences between self-
efficacy and the other two affective measures. This may result in lower factor loadings for either self-

efficacy or the other two affective measures.

Measures

This study focused on 13 student measures obtained from the PISA 2012 database (OECD, 2014a,
2014b). These measures were grouped into four categories (e/g-teaching, cognition, affect, and
condition). All 13 measures were derived from several items in the PISA data sets and rescaled using
item response theory, with higher scores representing higher degrees in the meanings of these measures.
Table 2 presents detailed information on the 13 measures, including measure names in this study;
original labels in the PISA data set; item stems, sample items, and item numbers; measurement methods;
OCED means, standard deviations (SDs), and internal reliability coefficients (Cronbach’s alpha (a));

and Taiwan’s o. Table 1 presents the means and SDs of the present Taiwan sample.

Data Analysis

The RQs were answered through statistical analysis using the software R Version 3.1.3 (R Core



Table 1

Descriptive Statistics and Correlations Between E/G-Teaching Behaviors, Cognition, Affects, and Conditions

N Mean SD r
Measures 1 2 3 4 5 6 7 8 9 10 11 12
E/g-teaching behaviors
1. ICT use 3978  -0.43 0.75
2. Formative assessment 3978 -.10 .95 .09
3. Student orientation 3978 .01 .98 A3 .50
4. Teacher direction 3978 -.07 1.06 .06 .68 .42
Cognition
5. Employing 3978 547.38 10712  -12 -01 -28 .01
6. Formulating 3978 577.25 134.29 -12 -02 -28 -01 .95
7. Interpreting 3978 547.57 102.01 -12 -05 -31 -02 94 .92
Affects
8. Self-efficacy 1980 .18 1.18 -01 .14 -07 .13 .63 .64 .59
9. Interest 1981 .02 .96 A0 32 13 27 32 32 .26 .43
10.Engagement 1985 .07 .98 .09 27 .10 .19 45 43 37 .48 .53
Conditions
11.SES 3968 -.39 .84 -04 .06 -07 .05 43 40 38 .32 .11 .25
12.Home ICT availability 3976 -.35 .92 03 09 .06 .04 .10 .10 .08 .15 .01 .11 .44
13.School ICT availability 3967 -.22 .82 .08 5 11 .12 03 .03 .01 .04 .07 .09 08 22

Note. The underlined correlations (rs) are significant at p = .05.

=¥l

i Wl 5 % o Wl T

i = #d% v &




Table 2

Detailed Descriptions of the 13 Measures

Item stem OECD OECD OECD Taiwan Taiwan Taiwan
Measure name  PISA label sample items (item numbers) Measurement methods mean SD 0. _mean SD o
E/g-teaching
behaviors
1. ICT use Use of ICT in Within the last month, has a computer ever  3-point Likert scale: -157 157 91 -43 75 .95
Mathematic Lessons been used for the following purposes in your 1 = yes, students did this,
mathematics lessons? 2 = yes, but only the
Drawing the graph of a function (such asy = teacher demonstrated this,
4x+6). (7 items) 3 =no. (reverse coded)
2. Formative  Teacher Behavior:  How often do these things happen in your 4-point Likert scale: -.28 135 76 -10 .95 74
assessment  Formative mathematics lessons? 1 =every lesson ~ 4 =
Assessment The teacher gives me feedback on my never or hardly ever
strengths and weaknesses in mathematics. (4  (reverse coded)
items)
3. Student Teacher Behavior:  (The same item stem as the above.) (Same as the above) -.98 1.06 .68 .01 .98 .69
orientation  Student Orientation The teacher has us work in small groups to
come up with joint solutions to a problem or
task. (4 items)
4. Teacher Teacher Behavior:  (The same item stem as the above.) (Same as the above) .54 1.14 73 -07 1.06 .78
direction Teacher-directed The teacher asks me or my classmates to
Instruction present our thinking or reasoning at some
length. (5 items)
Cognitions
5. Employing Plausible value 1 in (PISA 2012 released mathematics problems)  Cognitive performance 493* na .91 547.38 107.12 .93
process subscale of test
Maths - Employ
6. Formulating Plausible value 1in (PISA 2012 released mathematics problems) Cognitive performance 492* na .89 577.25 134.29 .93
process subscale of test
Maths - Formulate
7. Interpreting Plausible value 1in (PISA 2012 released mathematics problems)  Cognitive performance 497* na .90 547.57 102.01 .90

process subscale of
Maths - Interpret

test

(continued)
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Table 2 (continued)

Item stem OECD OECD OECD Taiwan Taiwan Taiwan
Measure name  PISA label sample items (item numbers) Measurement methods mean SD o mean SD o
Affects
8. Self-efficacy Mathematics Self- How confident do you feel about having to do 4-point Likert scale: 1.15 150 .85 A8 1.18 91
Efficacy the following mathematics tasks? 1 = very confident ~ 4 =
Calculating how many square metres of tiles  not at all confident
you need to cover a floor. (8 items) (reverse coded)
9. Interest Mathematics Interest Thinking about your views on mathematics: to 4-point Likert scale: -.82 293 .89 .02 .96 91
what extent do you agree with the following 1= strongly agree ~ 4 =
statements? strongly disagree (reverse
I enjoy reading about mathematics. (4 items) coded)
10. Engagement Mathematics How often do you do the following things at  4-point Likert scale: -1.55 112 .72 .07 .98 .76
Behavior school and outside of school? 1 =always or almost
I do mathematics more than 2 hours a day always ~ 4 =never or
outside of school. (8 items) rarely (reverse coded)
Conditions
11. SES Index of economic, (1) home possessions, (2) the highest parental 3 derived items, each z- -22 94 65 -39 .84 .69
social and cultural  occupation, and (3) the highest parental standardized
status education. (3 items)
12.Home ICT ICT Availability at  Are any of these devices available for you to  3-point Likert scale: .59 76 53 -35 .92 .63
availability Home use at home? l=yes,and luseit, 2 =
Desktop computer; portable laptop or yes, but I don’t use it, 3 =
notebook; Internet connection. (11 items) no (reverse coded)
13.School ICT ICT Availability at ~ Are any of these devices available for youto (Same as the above) -21 115 65 -22 .82 .59

availability ~ School use at school?
Desktop computer; portable laptop or
notebook; Internet connection. (7 items)

Note. The OECD data with ™ were obtained from Figure 1.2.37 in OECD (2014a) and the other OECD data and Taiwan’s a were obtained from OECD (2014b).
Taiwan’s means and SDs were calculated on the basis of the final sample (n = 3978) used in this study. a = Cronbach’s alpha (internal reliability coefficient); na

= not available.
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Team, http://www.R-project.org/). This study focused on answering the three RQs, but descriptive
statistics and correlations (obtained by the psych and stats packages in R) facilitated a basic
understanding of the measures and data structures.

RQ 1 was investigated through LPA, because all the 13 measures were continuous variables
(Muthén & Muthén, 2012); the analysis was conducted using the mclust package in R. LPA can identify
latent profiles with distinct meanings such as different SES levels (Chittleborough, Mittinty, Lawlor, &
Lynch, 2014) and combinations of academic/cognitive, social/emotional, and behavioral risks (Wang &
Peck, 2013). LPA is more efficient than conventional cluster analysis (Chiu, Douglas, & Li, 2009). A
simulation study indicated that the mclust package in R tends to outperform Latent Gold® and the
poLCA package in R, particularly for continuous measures (Haughton, Legrand, & Woolford, 2009).
The mclust package applies a model-based clustering technique and uses higher Bayesian information
criterion (BIC) values to represent more favorable profile number solutions. Notably, Mplus (Muthén &
Muthén, 2012), another software package widely used by researchers for LPA, uses lower BIC values
to represent more effective profile number solutions, because Mplus and mclust use different formulae
for the BIC. A priori theories may also be used to determine proper profile numbers (Marsh, Liidtke,
Trautwein, & Morin, 2009). This means that profile names and numbers must be determined by
considering existing research findings and educational practices in a society. For example, direct
teaching and liberal teaching may be one of the dominant mathematics teaching profiles in Taiwan (Chiu,
2009; Chiu & Whitebread, 2011).

RQ 2 was answered through multivariate analysis of variance (MANOVA) for the categories of
cognition, affect, and condition by using the base package in R. When MANOVA results showed
significant differences, each element in the category was subjected to analysis of variance (ANOVA),
followed by TukeyHSD post hoc tests using the base package. Subsequently, effect sizes (partial eta
squared (17%)) were obtained using the heplots, MASS, and car packages. According to Cohen (1988, p.
283), .01 < 52 < .06 shows small effect sizes, .06 < 5> < .14 medium effect sizes, and »2 > .14 large effect
sizes.

RQ 3 was answered through structural equation modeling (SEM) using the MASS, matrixcalc, and
sem packages. The SEM technique used in this study focused on multiple-indicator/multiple-cause
(MIMIC) analysis, because the models were aimed at examining profile differences (cf. Figure 2) (Hsu,
Zhang, Kwok, Li, & Ju, 2011). Similar to MANOVA and ANOVA, MIMIC examines profile differences

but additionally allows for measures with underlying latent constructs and conditions to be included in
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one model (Green & Thompson, 2006). The major criteria for determining model goodness of fit
included (1) a root mean square error of approximation (RMSEA) lower than .10, (2) comparative fit
index (CFI) higher than .90, and (3) nonnormed fit index (NNFI) higher than .90 (Hair, Black, Babin,
& Anderson, 2010). Because of the large sample size in this study, the conventional criterion, a
nonsignificant chi-square (x?), would be easily violated (Bollen & Long, 1993). Thus, 2 did not serve

as the major criterion in this study.
Results

Profiles of Mathematics E/G-Teaching

The results of LPA involving the default testing of one to nine profiles by using the mclust package
showed that seven profiles were the optimal solutions, as revealed by the highest BIC value (-29089.43)
associated with the EEV (ellipsoidal, equal volume, and shape) model in Figure 1. Nevertheless, the
seven-profile EEV solution generated indistinguishable means between the seven profiles and was
difficult to interpret on the basis of theories or research findings. The three-, four-, and six-profile EEV
solutions had relatively high BIC values (-32458.69, —32245.01, and —30807.00, respectively). The
profile means of the three-, four-, and six-profile EEV solutions showed that the four-profile solution

tended to be theoretically interpretable (Marsh et al., 2009) and was thus used for further analysis.
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Figure 1 BIC values by number of profiles obtained through latent profile analysis. Multivariate
mixture models used by the mclust package in R: Ell = spherical, equal volume; VI = spherical, unequal
volume; EEI = diagonal, equal volume and shape; VEI = diagonal, varying volume, equal shape; EVI =
diagonal, equal volume, varying shape; VVI = diagonal, varying volume and shape; EEE = ellipsoidal,
equal volume, shape, and orientation; EEV = ellipsoidal, equal volume and equal shape; VEV =
ellipsoidal, equal shape; VVV = ellipsoidal, varying volume, shape, and orientation (Fraley, Raftery, &
Scrucca, 2015, p. 28).
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The MANOVA results showed that the four profiles differed in some e/g-teaching behaviors (Wilks
= .22; Fuao73) = 3386.60, p < .0005, n? = .77). The ANOVA and TukeyHSD post hoc test results
indicated significant differences between the four profiles in the four e/g-teaching behaviors (Table 3).
As shown by the last column in Table 3 for ICT use, students in Profiles C and D experienced more e-
teaching than those in Profiles A and B (CD > AB); students in Profile D experienced more ICT use in
teaching than those in Profile C (D > C). The same interpretation methods applied to formative
assessment (BD > A; B > CD; D > C), student orientation (BD > A; B > CD; D > C), and teacher
direction (BCD > A; B > CD). The differences between the profiles in the four e/g-teaching behaviors
had medium to large effect sizes (> = .08 for student orientation to .79 for ICT use). On the basis of
these results, the profiles are designated and interpreted as follows.

Parsimony e/g-teaching (Profile A). The parsimony approach to e/g-teaching involves low e-
teaching (ICT use) (M = —.77) and medium, below-average g-teaching (Ms = —.22, —.11, and —.25 for
formative assessment, student orientation, and teacher direction, respectively). In other words,
parsimony teachers do not intensively use either e-teaching or g-teaching strategies in mathematics
classrooms. Most students (75% = 2980/3978) experienced parsimony e/g-teaching.

Conservation e/g-teaching (Profile B). The major characteristic of conservation e/g-teaching is
high degrees of g-teaching behaviors, with extremely high teacher direction (M = 2.55) and frequent use
of formative assessment (M = 1.34) and student orientation (M = 1.10). However, conservation teachers
seldom use ICT (M = -.76). Approximately 4% (=163/3978) of the students experienced conservation
e/g-teaching.

Moderation e/g-teaching (Profile C). The moderation profile revealed medium degrees of e/g-
teaching in all four behaviors, with ICT use as the highest (M = .52), followed by teacher direction,
formative assessment, and student orientation (M = .11, —.09, and —.10, respectively). Approximately
9% (= 348/3978) of students experienced moderation e/g-teaching.

Liberal e/g-teaching (Profile D). The major characteristic of liberal e/g-teaching is intensive ICT
use (M = 1.07) with emphasis on student orientation (M = .41) supplemented by formative assessment
and teacher direction (Ms = .18 and .03, respectively). Approximately 12% (= 487/3978) of the students

experienced liberal e/g-teaching.

Profile Differences in Explicit Elements of Cognition, Affect, and Condition
The MANOVA results revealed that profile differences occurred in some cognitive elements
(Wilks = .99; F3974) = 14.00, p < .0005, 7%= .01). In addition, the ANOVA results showed significant
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differences between the four profiles in all the three cognitive elements (Table 3). The TukeyHSD post
hoc test results indicated that students who experienced Profiles A and C exhibited higher employing,
formulating, and interpreting abilities in mathematics than did those who experienced Profiles B and D.
The profile differences in the three cognitive elements had small effect sizes (4% = .02 for all three
cognitive elements).

The MANOVA results showed some profile differences in the three affects (Wilks = .98; F 3 1968)
= 14.55, p < .0005, #%=.02). Furthermore, the ANOVA and TukeyHSD post hoc test results revealed
no profile difference in self-efficacy (%= .00) but significant differences in interest (Profiles B, C, and
D > Profile A; #?=.02) and engagement (Profile D > Profile A; #°=.01).

The MANOVA results showed some profile differences in the conditions (Wilks = .99; F33951) =
18.03, p < .0005, #%=.01). Moreover, the ANOVA and TukeyHSD post hoc tests revealed no profile
differences in SES and home ICT availability (7%= .00 for both) but a significant difference in school
ICT availability (Profiles B, C, and D > Profile A; #?=.01). The results imply that profile differences
may only be conditioned by school ICT availability, a result suggested in previous research (Cuckle &
Clarke, 2002). Thus, the subsequent SEM analyses included only school ICT availability as the

conditioning variable in the models.

Profile Differences Predicting Latent Cognition and Affect

SEM was applied to analyze six models (configured as Figure 2), with every two profiles being
dummy coded to examine their differences in the latent constructs of cognition and affect; the two
constructs were set to be correlated, a general phenomenon in mathematics education (Chiu, 2012a).
The SEM results showed that the six models were acceptable, as indicated by all the NNFI and CFI
values being higher than .90 and RMSEA values being equal to .10, except for the RMSEA value (= .11)
of Model 5 (Table 4).



Table 3

Descriptive Statistics and Results of ANOVA and TukeyHSD Post Hoc Tests for the 4 Identified E/G-Teaching Profiles

Profile A: Parsimony Profile B: Conservation Profile C: Moderation Profile D: Liberal ANOVA TukeyHSD
e/g-teaching e/g-teaching e/g-teaching e/g-teaching post hoc test

N1 Mean SD N2 Mean SD N3  Mean SD N4  Mean SD Fandgy P 2 p<.05
E/g-teaching behaviors
ICT use 2980 -.77 .05 163 -.76 .09 348 .52 35 487 1.07 .93 4960.00 <.0005 .79 CD>AB;D>C"
Formative assessment 2980 -.22 .89 163 1.34 96 348 -.09 1.01 487 18 .83 175.90 <.0005 .12 BD>A;B>CD;D>C
Student orientation 2980 -.11 91 163 1.10 141 348 -10 1.00 487 41 .89  120.80 <.0005 .08 BD>A;B>CD;D>C
Teacher direction 2980 -.25 .89 163 2.55 12 348 A1 1.05 487 .03 .98 507.50 <.0005 .28 BCD>A;B>CD
Cognitions
Employing 2980 552.42 105.11 163 517.32 102.19 348 562.08 105.33 487 516.08 114.77 22.89 <.0005 .02 AC>BD
Formulating 2980 584.24 131.57 163 536.08 129.05 348 592.20 135.36 487 537.58 142.22 23.80 <.0005 .02 AC>BD
Interpreting 2980 553.17 99.60 163 512.22 97.07 348 560.97 103.24 487 515.58 108.78 28.05 <.0005 .02 AC>BD
Affects
Self-efficacy 1480 16 1.20 97 .36 128 172 .30 1.05 231 A3 1.07 1.70 1.70 .00 NS
Interest 1481  -.06 94 98 .34 115 171 .20 93 231 .26 .94 14.03 <.0005 .02 BCD>A
Engagement 1484 .01 97 98 A7 0 110 172 21 94 231 27 1.02 .01 .0002 .01 D>A
Conditions
SES 2972 -38 .82 162 -.39 .87 348 -37 .87 486 -.48 .87 2.17 .09 .00 NS
Home ICT availability =~ 2980  -.37 90 162 -.22 99 347 -.39 .85 487 -.26 1.03 3.092 .03 .00 NS
School ICT availability 2971  -.27 .81 163 -.10 .83 348 -.07 77 485 -.05 .90 15.69 <.0005 .01 BCD>A

Note. "D > C = Profiles D > Profiles C (same interpretation methods applying to the others). Small effect size: .01 < »? < .06; medium effect size: .06 < 5? < .14;
large effect size: 2 > .14 (Cohen, 1988, p. 283). F.ar2) = Fan1+n2+Ns+na-2); dF = degree of freedom. NS = not significant.
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Figure 2  Structural model for the effects of profile differences on latent cognition and affect. Model

1 (Table 4) served as an example with Profile A coded as 0 and Profile B as 1. All the parameter estimates

presented are significant at p = .05.

Table 4
Parameter Estimates Obtained by SEM
Model Model 1 Model 2 Model 3 Model 4 Model 5 Model 6
Profile A(0) Profile A(0) Profile A(0) Profile B(0) Profile B(0) Profile C(0)
Relation Profile B(1) Profile C(1) Profile D(1) Profile C(1) Profile D(1) Profile D(1)
school ICT -> profiles .05 .08 .09 .01 .02 .01
profiles -> cognition -.08 .03 -12 21 .00 =21
profiles -> affect .07 .07 .06 -.03 -.07 -.04
cognition <-> affect 75 74 75 .76 g4 75
cognition ->employing .98 .98 .98 .96 .98 .96
cognition ->formulating 97 97 .96 .95 97 .95
cognition ->interpreting .95 .95 94 .93 .95 .93
affect -> self-efficacy .82 .82 .81 .83 .83 .81
affect -> interest .55 .55 .56 .54 .54 .55
affect -> engagement .63 .63 .64 .62 .62 .64
Fit indexes
Ve 780.80 778.84 798.29 802.97 847.99 792.99
df 18 18 18 18 18 18
RMSEA A0 10 10 A0 A1 10
NNFI .95 .95 .95 .95 .94 .95
CFI 97 97 97 97 .96 97

Note. The underlined figures are significant at p = .05.
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The factor loadings for cognition leading to employing, formulating, and interpreting (.93—.98)
were large, and those for affect leading to self-efficacy, interest, and engagement (.54—.83) were
acceptable (above .30; Costello & Osborne, 2005, p. 3). The two constructs (cognition and affect) were
highly correlated (.74-.76), as suggested by previous research (Chiu, 2012b). These results suggest that
SEM is suitable for examining profile differences because the six measures of cognition and affect have
underlying constructs. SEM also allows for including school ICT availability as a condition. School ICT
availability plays significant roles for models including Profile A (i.e., Models 1-3 in Table 4), with
Profile A having less school ICT availability than Profiles B, C, and D (parameter estimates = .05, .08,
and .09 respectively).

Both RQs 2 and 3 focused on the differences between the profiles in learning outcomes of cognition
and affect, but RQ 2 focused on those in explicit elements and RQ 3 focused on those in latent elements.
Table 5 presents a comparison of the answers to RQs 2 and 3. The answers to RQs 2 and 3 were the
same in explicit and latent cognition (Profiles Aand C > Profiles B and D), interest, latent affect (Profiles
B, C, D > Profile A for both), and school ICT availability (Profiles B, C, and D > Profile A). The answers
to RQs 2 and 3 differed only in affects, with Profile D having more engagement than Profile A but
having less latent affect than Profiles B and C. One reason for the slightly unstable answers about affects
may be that the factor loadings of the three affective elements were not as large as those of the three
cognitive elements (Table 4).

Table 5 presents a comprehensive description of profile differences. The results were stable for
cognition. Profiles A and C were determined to benefit cognitive learning outcomes more than Profiles
B and D did. In affective learning outcomes, the profile differences were relatively unstable, which
means that the four profiles performed slightly differently between different observed measures and the
latent measure. Nevertheless, a general trend still occurred: Profile D was determined to benefit affect
most, followed by Profiles B and C, and then Profile A. Profile differences in conditions were stable:
the only difference occurred in school ICT availability. Detailed interpretations of the four profiles and

their differences in learning outcomes are presented in the Discussion section.
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Table 5
Test Results of Profile Differences in Cognition, Affect, and Condition Obtained by MANOVA and
SEM

MANOVA and related post hoc tests (Table 3) SEM(Table 4)
Cognitions na AC>BD
Employing AC>BD" na
Formulating AC>BD na
Interpreting AC>BD na
Affects na BCD>A; BC>D
Self-efficacy NS na
Interest BCD>A na
Engagement D>A na
Conditions na na
SES NS na
Home ICT availability NS na
School ICT availability BCD>A BCD>A

Note. "AC > BD = Profiles A and C > Profiles B and D (same interpretation methods applying to the others);
NS = not significant; na = not available.

Discussion

Four E/G-Teaching Profiles Addressing Differences in Learning Outcomes

In this study, the statistical method, LPA, identified four student-perceived profiles of e- and g-
teaching behaviors in mathematics classrooms: parsimony, conservation, moderation, and liberal. The
four identified profiles are context-based and partially mirror previous theories and findings, but they
also provide new insights into approaches to integrating e- and g-teaching. Moderation e/g-teaching
appears to be similar to the balance and pedagogical approaches; conservation e/g-teaching is similar to
the traditional/activating/teacher-centered approach; liberal e/g-teaching is similar to the constructivist
approach; and parsimony e/g-teaching has limited use of either e- or g-teaching pedagogies, which is
not reported in the literature. The profiles further relate to learning outcomes in different degrees, as
presented in descending order as follows.

Moderation e/g-teaching (Profile C). Moderation teaching often involves ICT use, and it also
involves teacher direction but not at the expense of formative assessment and student orientation. Profile

C is similar to the balance approach, in which e-teaching (or ICT) is used to compensate for g-teaching
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(Tan & Tan, 2015), and is similar to the theoretical or pedagogical approach, in which the higher-order
conception of g-teaching is fully integrated with e-teaching (Temte et al., 2015). The moderation profile
appears to be the most effective e/g-teaching profile in terms of its positive effects on both student
cognition and affect among the four identified profiles (Tables 3-5). E-teaching increases not only
student interest but also noise because of novel materials/tasks and collaborative works (Watts & Lloyd,
2004). ICT use may increase difficulty in teaching, and the difficulty may be reduced by high-quality
teacher direction in design and management.

Parsimony e/g-teaching (Profile A). This approach, experienced by most students, combines
slight use of e-teaching and slightly medium but below-average use of g-teaching in Taiwanese
mathematics classrooms (Table 2). The parsimony profile benefits student cognition but may be at the
expense of student affect, having the least affect among the four profiles (Table 5). The parsimony
profile depicts mathematics teaching and learning to be serious and boring. Parsimony teachers have
medium, below-average degrees of g-teaching, in addition to having the highest degree of student
orientation, followed by formative assessment and teacher direction. Parsimony e/g-teaching may reflect
Confucianism (emphasizing respectable teachers’ serious roles) in Taiwanese society and recent
constructivism (emphasizing student-centered teaching) in Taiwanese mathematics curricula (Chiu,
2011).

Conservation e/g-teaching (Profile B). Conservation teachers frequently engage in direction
supplemented by formative assessment and student orientation. The conservation profile appears to
partially reflect traditional/activating/teacher-centered approaches to e/g-teaching, in which e-teaching
is seldom used or only for traditional purposes such as presenting materials (Lan et al., 2012). The
conservation profile benefits affects but not cognition, a result different from previous research findings
that high-quality g-teaching behaviors benefit cognition (Hinostroza et al., 2011; Thorvaldsen et al.,
2012). One reason may be that effective g-teaching, which implies intense affective teacher—student
relations, relates to affect (e.g., engagement) more than to cognition (e.g., achievements) (Roorda,
Koomen, Spilt, & Oort, 2011).

Liberal e/g-teaching (Profile D). In a liberal classroom, class time is mostly allocated for teacher
and student ICT use with high student orientation and medium, above-average formative assessment
and teacher direction (Table 3). This profile appears to slightly reflect the constructivist approach to
integrating e- and g-teaching (Park et al., 2015). The liberal profile benefits student interest, engagement,

and latent affect (compared with Profile A), but its benefit to latent affect is slightly less than those of
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the moderation or conservation profiles (Table 5). The slight benefit of the liberal profile to affect, but
not to cognition, is unsatisfactory because constructivist approaches to e-teaching can transform
educational practices, which is advocated by scholars (e.g., Chai et al., 2012). ICT use in mathematics
teaching requires teachers to extend their expertise from g-teaching to e/g-teaching, especially when
teachers aim for a liberal e/g-teaching profile. Teachers with a liberal profile may need more professional
development and support than those with the other three profiles. How to transform the liberal profile
from benefiting only affect to benefiting both affect and cognition remains a concern for educators and

future research.

Few Profile Differences in Conditions

Profile differences occur in school ICT availability, not in SES or home ICT availability (Table 3).
Future research should consider other potential conditions that may play a role in e-teaching, such as
digital learning materials, school management, and ICT technical support (Cuckle & Clarke, 2002;
Shohel & Kirkwood, 2012; Somyiirek, Atasoy, & 0 zdemir, 2009).

Only the parsimony profile was observed to involve low school ICT availability, which may
partially explain the low ICT use revealed by the parsimony profile (Table 3). However, after being
conditioned by school ICT availability, the parsimony profile was still observed to involve high student
cognition and low affect (cf. Table 5 for comparison between the MANOVA and SEM solutions). The
results regarding the conditioning effects of school ICT availability on cognition and affect imply that
g-teaching behaviors play more roles in student learning outcomes than simple ICT use. ICT use in
teaching may need to be closely linked to g-teaching for achieving traditional learning objectives of

subject matters. Future research should validate this speculation.

Limitation and Suggestions for Education and Future Research

A limitation of this study is that the three affective measures appeared to perform differently, which
may reduce the model fit to data because of measurement errors. In particular, self-efficacy acted
differently from the other two affective measures (i.e., interest and engagement). The results show that
self-efficacy exhibited higher correlations with cognitive measures than the other two affective measures
did (Table 1). Furthermore, the profiles differed in interest and engagement but not in self-efficacy
(Table 3). However, self-efficacy had a higher factor loading than interest and engagement did (Figure
2). All the results imply that different affective measures of mathematics may represent dissimilar
constructs such as different beliefs, attitudes, and emotions (McLeod, 1992, 1994). Future research can

investigate the diversity and complexity of affective constructs and their interaction with diverse
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cognitive measures and e- and g-teaching profiles.

The second limitation may be that the four e/g-teaching profiles were identified by statistical
methods. Future research should investigate the validity of the four teaching profiles in real educational
settings and interpret the identified four teaching profiles by using real cases in actual mathematics
classrooms.

The four e/g-teaching profiles identified in this study and their interaction with student cognitive
and affective learning outcomes may provide valuable suggestions for mathematics education practices.
Moderation e/g-teaching, which is moderately open to using ICT and diverse general teaching methods,
appears to benefit students most in both cognitive and affective mathematics learning outcomes. The
results suggest that the comprehensive but moderate use of diverse teaching methods, including e-
teaching, may be one of the most favorable choices for developing effective teaching for student learning
outcomes. Future research should validate whether moderate e/g-teaching is superior to parsimony
teaching in terms of affective learning outcomes and whether it is superior to both conservation teaching

and liberal teaching in terms of cognitive learning outcomes.

Conclusion

The major contribution of this study is the use of LPA to identify student-perceived e/g-teaching
profiles (latent nonlinear relationships between e- and g-teaching behaviors) that successfully
demonstrate the differences in students’ mathematics cognition and affect. First, the identified four e/g-
teaching profiles contribute new knowledge to mathematics education research. The four e/g-teaching
profiles identified in this study are outlined as follows: parsimony (low e-teaching and medium, below-
average g-teaching), conservation (low e-teaching and high g-teaching, particularly in teacher direction),
moderation (medium e-teaching and g-teaching), and liberal (high e-teaching and medium, above-
average g-teaching of student orientation, formative assessment, and teacher direction, in descending
order). The moderation profiles appear to be similar to the balance and pedagogical approaches and
represent a thoughtful, considerate, and cautious use of e- and g-teaching. The conservation profile tends
to reflect the traditional/activating/teacher-centered approaches to integrating e- and g-teaching, and the
liberal profile reflects the constructivist/facilitating/student-centered approaches. The parsimony profile
appears to be new in the literature and limited by school ICT availability.

Second, linking the identified teaching profiles with cognitive and affective learning outcomes
provides practical implications for mathematics education. MANOVA and SEM were determined to

generate similar results regarding the differences between the profiles in terms of learning outcomes;
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however, MANOVA focused on elements and SEM focused on constructs of cognitive and affective
outcomes. The moderation profile benefits both student cognition and affect. The parsimony profile
benefits cognition but may harm affect. The two extreme profiles, conservation and liberal, benefit only
affects. The literature tends to advocate constructivist e-teaching practices. However, the current study,
based on data from a real educational setting, suggests that moderate ICT use with the merit of diverse
g-teaching behaviors (in particular, teacher direction) may optimize student cognition and affect.
Finally, the successful use of LPA to identify distinct teaching profiles and the use of MANOVA
and SEM to link teaching profiles with learning outcomes contribute a methodology to future research.
Future educational research can use similar statistical methods to find context-based, effective teaching

profiles for predicting diverse learning outcomes.
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